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3AMETKA O METPUYECKHNX
MYJIbTHPEIMETKAX

BEJIOCIJIAB PUEYAH =« BOEHA PUEYAHOBA, Bparncassa

M. Benago B paGorax [1] 7 [2] o6oGmun U3BECTHYIO Teopemy I'mmsenwo,
ROTOpas yTBEPHKIAeT, 4T0 Kamjad HOPMHPOBAHHAN CTPYKTYpPa ABRIACTCA Me-
TPAIeCKNM mpocTpancTBoM. B paGore [1] a1y Teopemy om moxasam mus dirre-
TPYOIMEXCA MYABTAPEIICTOK ¢ MOOMKHATEIbHON OueHKoI 3. Tina (Teopema 5.4)
H LOKasal, 49T0 TAKAE MYJIBTHDEIIeTHKH Beerja MORYNApPHH (Teopema 5.6).
B pa6ore [2] on 0Gomms eme Teopemy Iimeenko ans Puasrpyomumxca MYJIETH-
PEMETOK CO CHemMANbHON OHeHKOH 2. Tama (reopema 3.1) a Taxsxe mocrapmn
BONPOC, AOKHE-NHE GHITH Takwme MyALTHPEIIETHA MOAYIAPHEIMH.

B nacrosmeii pa6ote mui IpuBeneM npuMep QuIbTpyOmeiica MYIETHpeIIeT-
KE, KOTOPas He ABJIAETCA MOAYJIAPHOM, HO CyMeCTBYeT Ha Hell onenka 2. tama,
obnananman TpebyeMbMu cBOMCTBAMI,

Bo Bropoit wacrm sroit paGoTH BHINe mpHBefeHHam TeopemMa 00o6mera Ha
T4CTHTHO YHOPAXOIEHHRIE MHOMKECTRA.,

1

Cravasa Ml mpusesgem HECKOJILKO BAKHBIX HOHATHH M3 TEODHH MYyJIhTH-
pemerox. Ilonarma 1.2—1.4 Brepsste BBesl M. Benano B paGore [1].

1.1. Yacrauno ymopamoyennoe MuOMecTBO M M HazoBeM $unsTpyomamMes
MHOKECTBOM, ecaM mis KaKJ0fl mapH 9JIeMeHTOB a, b € M cymecrByor sie-
MeHTH u, v € M Tak, aa..o, [eRCTBATONBHO ¥ = a = v, u = b = v.

1.2, Yacrmuno ynopsamodenHoe MHOecTBO M ME HasoBeM MyJLTHDemeT -
.zomwmoun 6YRYT BEIIOIHEeHE! CIIe/lyioNmde Ba YCIOBHA:

1. Oycrs a, b € M; eciin cymecTByer Takoe 4 € M, uro u = a, u = b, Torma
cymecrByer Tome takoe d € M, wro d < u, d = a,d=bud=d pia reex
d' € M rarux, uro d’ <d, d =a,d=b

2. Hycre a, b e M; ecnn o%Emoaw%.me TaKoe v E M a0 v < a, v < b, Torma
CYMECTBYeT Takxe Takoe m € M, uto m = vym=Za, mxbam=m' ga
Beex m’ € M rakux, uro m’' = m, m’' < a, m’' < b. Maomsecrso scex d € M,
ofnanamomwux croiicTBoM 1), oboanaumm uepes (a V b),. Muosxectro neex
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m € M, obnagaomux croiicTBOM 2), o6osnaumm gepes (a A b),. Dansme ompe-

enaem
aVb=u (avb),, a>-”C?>S;:
wva, b v<ab
The 9epes ,,U‘’ M 0003HAYEM MHOMECTRERHOE o6rexnnenme.
1.3. yers M — MyJIBTHpemeTKa, v(x) — BeulecTBeHHAA QyHrmmt, onpe-
nenera 5a M. Ilyete a, b € M mo6xe ABA BIIEMEHTH, JUIA KOTOPHX @ 1V b+
=0, aA b0

1.3.1. Ecmm cymecrByior oneMeATH d €a \/ b, mea A b TaKHMe, 4T0

o(a) + v(b) = v({d) + v(m), (*)

TOrfa QYHKOmIO v(x) MEI HA3EIBaeM OmeHKOI nmepBoro tama Ha M.

1.3.2. Ecam paseuctso (*) AeECTBHTENILHO s Beex d € g Vbo(mea A b)
M A Hexoroporo mea A b(dea v b), Torma »(x) HassBaeMm BepXHei
(AuwxHEel) onenkoi Broporo Tuma ma M.

1.3.3. Ecan pasencrso (*) meficrBETeNBHO A Beexdea\ b I BCEX
mea A b, rorga v(z) masupaem ONEHKOH TpeThero tuma ma M,

1.4. Mynerapemerxy M wmu masssaem MOAYJIAPHOH, ecN:m U3 YyCIOBMit

u=az=v, uzbzb'zv, (ayb),=u (e A b), =,

BEITeKaeT b’ = b,

1.5. Ilpmsepem eme onmy Teopemy, XoTopyio foxasan M. Benano B paGore [2]
{reopema 3.1). ,

Ipexmonomenna: Iycrs M dnnsrpywmanca MyJbTHEpemersa ($uin-
TPYIOIIeec MHOKECTBO B OZHOBDPOMEHHO myabrapemerka). [Iycrs v(z) — Be-
IuecTBeHHaA QyHKmmA, ompenenena ma M cBOMcTBAME:

Vi. Jlna rampoit HapH d7ementoB a, b € M cymectsyer dy € a \/ b Taxoe,
qT0

¥(dy) < v(d) nna Bcex dea Vv b.

V2. Ina scex d,, 06naanIEX cBOHCTBOM Vi, 1 gna Beex mea A &
ReNCTBUTELHO

v(a) + v(b) = v(d,) + v(m).

V3. Ecnm a, be M, a < b rorma v(a) < v(b).})

YrBepmpenne: M asnserca METPRIECKAM pocTpancTsoM. Merpuka ompe-
Rentena gopmymoit g(a, b) = v(dy) — v(m), rHe dy € a \/ b obnamaer ceoiicTROM
Vimmea A b . . .

1.6. Hax mur yxe cxasanm s npegucnonnm, M. Beunapo 8 pa6ore [2] mocTasmir
BOOPOC: JOIDKHA-JIK GBITH zwbmgmememmq Y ROBIETBOPAIOIAS IPENI0IIoHe-
Huam V1—V3, monynapua.

1) Ouenxy, uﬁowuﬁmovmiv:o yerosEAM V3, Ml HasulBaeM HOJI0HATENLHON .
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Ha pnc. 1 opusepen TPAMED  MyJbTADEIISTKA, KOTOPAas YNOBIETBOpAET
TPeRmOTOKeHAsIM TeopeMsl 1.5, HO He ABmIeTCH MOy JIAPHOH.

Cravana MH mposepaM BeImOIHeHH-mH UPeINONOMKeH A TeOPeME,

1. M 6yner gunsrpyomancs MyJILTAPEIETHA, TaK KAK OHA BMEeT HAUMeHb-
WA 9IeMeHT M, HaumGoNbmuii sTeMeHT £ ¥ BRIDOJHSET YCaoBHA m3 1.2.

2. Ha M oupepenena BeltecTBeHHaA Qynrmusa v(z). 3mavenma Oy HRIUE
v(z) ompenmemenst wiciamm B cxoGrax Ha puc. 1. Oyuxuua v(z) owesmamo
BRosmAer yenosua Vi m V3. Vemosme V2 mocratowso LPOBEPHUTE ANA He-
CpaBHEMEIX sniementoB. Hanmpmmep, mna smememros a, b' peficreuTennio
ay b ={e,ulaAb = {m}. Croficteo V1 mmecr Tonbko smement €, HOTOMY
4ro v{e) << v(u). Pamencrso v(a) + v(b') = v(e) + v(m) pmeficreurensro. Ifo-
OGHO 9TOMY MOIKHO TOCTYHATH T B OCTANBHKIX cIygasx.

M we amnsercsa MOIYJApPHOH WOTOMY wro u = a =m, u=zbz=p
(av ), =u, (a A b),, = m HO b’ % b.

A7 HOyemos M Mysvmupewemra. [lycms v(z) cewpecmeennan PyrEyus, onpe-
Oeserna na M, xomopas swinosnsem caedyroupue yeaosus. :

M1, ZJas kancdod napu saemerimos a, be M cywecmeyem dy € aV b maroe wmo

(a) + 2(8) = r(dy) + o(m)

1\

m

4

Oan ecex m e g A b,

M2. ycmv a, b, ¥, u, m eqesenmy us M maxrue, wmo Oelicmeumeadro u >
S2a2muzbz=b">m, (aV¥),=u,(aAb),m. ITycms saemernme do€avb,
dy€aV ¥ umeom ceoticmeo M 1. omon dedicmeumenvno v(d,) — v(dy).

M3. v(a)< v(b) 85 scex a, be M maxuz, umo a<<b.? ;

Ymeepwmdenue: M asisemes MOTYARPHOTE My sOMUPewtem Ko,

Hokasarenberno: ﬁ%.o? a, b, &', u, m smementst wzs M TaKde, 9ro
uzae2m uzbzb >m, (@av d),=u, (a A b),., = m. Cornacmo M1
CYMECTBYIOT 3JIeMeHTH d,, d, Takme, wuTo dyeavy b dea V b, m peficrem-
TeJHHO

- T 0(a) + o(8) = o(dy) + o(m),
(@) + o(b) = v(dy) + v(m), (**)
H3 3TOTO BHITEKAaeT: .-
o(b) — v(b') = v(dy) — v(dy).

Cormacno M2 ommaxo peficTBETentHO o(dy) = v(dg), mrax tome v(b) = o(b’).
Cormacro M3 un npepumonomxkenio b’ < b ciaegyer b = ',

1.8. Ecam M MOAYAAPHAA MYyIBTHPENICTHA, Ha KOTOPO#l CcyIecTByer Be-
mecreennan ‘Gynrmus v(z), KOTOpasdA mMeeT cmoiictea M1 m M3, rorma v(x)
HMeeT Taxxe cBOMcTBO M2. , : ,

J%o.:owsmzrsgu wmmmooshmzzwawmwgmzﬁs.ﬁ,oe?vnw.:mmaom HOJIOKATETBHOM
HIDKHEH OmeHKOH 2. THpa, .
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VrBepinenne BhTeKaeT HenoCpeICTECHHO U3 pasescrs(**) u ma Toro, yro M
MOLYJIAPHAA MYJIbTHpPEHISTKA.

1.9. Ha puc. 2 npmeemen mpumep MyJILTUDEINeTKN € ONEHKOM, KOTOpas
obnagaer ceoficreamm M1, M2, M3, Ho He aBmmerca omenkoi 3. Twima.

3Havenns Qynxumm v(z) OUpeeleHH UMCIAME B CKOGKAX Ha puc. 2. Han
971eMenToB b, ¢ pelicrBuTensuo-b \ ¢ = {d, e}, b A ¢ = {a}. Ho v(b) + v(c) =
=2, v(e) + v(a) = 3, smaunt ¥(z) He ABIAAeTCH OmEHKOR 3. THmA (cm. 1.3.3).

R (67

d(4)

btz

Puc. 2. , Prec. 3.

2

Ecrecrpensniv apnaercsa sonpoc, Momno-mun 00006muTh Teopemy 1.5 B cayyae,

Korma M samasercs JACTUYHO YIOPANOYeHHRM MHOKecTBoM. CHagasma Mur npu-

BeJleM ABa Taxkme 00o6menns. .

2. 1. Iyems M guavmpyroweecs u. Y. m. [Tyemo v (z) sewgecmeennas ynryus,
onpedenena va M, guinosnsiowas caedyouue yeaosus: -

1. Hycmv a, be M. ITomom cywecmeyem de M,d = a,d = b maroe, wmo das
66X Y 2 a, y = b dedicmeumenvio v(d) < v(y). .

2. IIyemv a, be M. Domon cyutecmeyem meM, m < a, m < b makoe, umo
Oan 6cex y < a, y < b deticmeumensio v(m) = v(y). :

3. Has ecex a, b€ M u das ecex d uau sce me M sunoansowuz 1 uan xee 2 co-
OMEETNCIMEEHHO BHLIOAHICNCA PAGEHCME0 :

. o(a) + v(b) = v(d) 4+ v(m).
4. z<y= v(z)<o(y). ‘ . , .
Homom gynryus o(a, b) = v(d) — v(m) (ede d o6aadaem ceolicmeon 1, m ceoii-
cméom 2) aeasemes mempuroii na M, snawum M sgasemea MEM PUNECKUM NPOCT-
parcmeom. . o
9T0 yTBepKIeHIe BHITEKaeT u3 TeOpeMsl 2.3, KOTOPYIO MEL JIOKaKeM Lo37ce.
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2.1.1. B caywae, rorga M ABTASTCA MYJIhTUPEMISTROM, M3 e HoM0MeHHil
V1—V3 rteopemu 1.5 CIeRYI0T npegnonomenns 1—4 yreepaenna 2.1, Ho
0GpaTHO® HeBepHO, 4TO MBI W HOKANEM Ha caepylomem mpamepe. Iycrs M
MYyJAbTHPEmeTKa, rpadms Koropoii u306pasken Ha puc. 3.

Dyrxnmo »(z) ompepemmm crepyrommm  o6pasom:  z(0) = 0, v(a) =1,
o(b) = 2, v(c) = 3, v(d) = 4, (1) = 6. Jlerxo YCTaHOBHTS, 4T0 () BHIOOJIHAET
yenosua 1—4. Ho yenosme V2 me MEHCTRITENLHO, TaK KaK o(c) + v(d) = 7
1 o(b) 4 o(l) = 8.

B cmyuae, ecom M MyJIbTHpeIIeTRa, Teopema 1.5 apigerca ciefcTnuen
TeopeMsr 2.1;

21.2. Y9, y. m, BHIOJIRAONIEe MPeNOIOMKeH s TeopeMsl 2.1 He moimmmO
GHITE MyTBTHpemeTKOl, uTO MoKAKEM HA clefyiomeM npuvepe. .

lyere M = {0, q, b, Itu <1,2) U ¢3,4), rne <1,2) n (3, 4) omommmamw@a
MHOM@CTBA BCeX JIefCTBUTeNbHEX YHCerT, BRIICIHAKIINX HepaBeHeTBa 1 < z < 2
nma ke 3 < & < 4 cOOTBETCTBERHO, Ornourenne < onpepenum Ha M BOT kak:
=2 0= 2 =<7 nqua peex x€M; nma Beex z (1, 2) u Beex y e (3, 4)
=Y, £ 0b, a <y; sneMenrsr us 1,2) m (3, 4), YUOPATOIEHHEIX mmﬁ
NeHCTBHTeNbHEE wWucia; g < . Orvomenme < sapagerca Taxmu 06pazom
TACTHIHBIM yriopagouennem M. Ha M war ONpeJieNluM BellecTREHHYI0 Gy HKIAIO
() creRyommM crocobom: v(z) = z nnsa Beex z € <1, 2) U3, 4), v»0) = 0,
v(a) = 2, »(b) = 3, o(I) = 5. Jlerko UPOBEpATD, 4TO »(z) BHIIONHSET mpe-
nonoxmenua reopemsr 2.1, wo M me apasercs MYJABTHPemeTKOi, n6o (b A 3), =
= 0. ‘ . :

2.1.3. Ilomeano samerars eme caenyiomee. Ecam M apnsaeres MYJIbTH-
pelleTKoi, B KOTOpoit & \/ b w a A b KOHeYHBl A s0bkx a, b€ M, 1o
npejpnonomxenns 1, 2 BBITEKAIOT U3 NPEUOIOMEHn 4. )

2.2. Yro6u BBIcKazaThes 6oitee KOPOTKO, MEI BBEJIEM HECKONLKO BCLIOMO-
raTeNIbHEIX 0f03HadeHui.

2.2.1. Oycts M — PrunbTpyoOMmeecs, HACTHYHO, YNODA(0YeHHOe MHOMKECTBO.
Hycrs a, b e M. Mu HamEmeM d | (a, b) ecam AedcTBUTONBHO: «) d = a,
d=b;8) z2=a,x 2b,x<d=>z = d. BoifcTBeHnbM 06pasom onpenensem
m{ (a, b). . v

2.2.2. Myecrs M — 7.y, M. Mu cramem, uro M BEIIONHACT YenoBme (P),
ecu g mobLx KByx SNIEMEHTOB @, b € M cymectryior ayieMeHThl d, m € M,
Takue 910 m { (a, b) € d } (a, b). (Ecnm M Bemonnser (P), rorma M ¢uin-
Tpy©oineecs).

2.2.3. B repmanax paGots [3] aBusercs 1. Y- M. M primonssomee yeso-
e (P) »,KOHQHUTypauueit, Hagjenennoit yHuBepcambuoii, xaycaopdoBexoit
(I, X)-reomerpmaeckoii CTPYKTypoit‘*‘. Ilpudem d {(a, b) oBosnaaror 9epes
dl'{a, b} m m{ (a, b) qepe3 mX{a, b}. ’

2.2.4. 3amernm, uto . Y. M., BHIOJNHAOMEe yenosue (P) we nomkHO 6uiTh
MYJbTHPEMIETKON, KAK 3TO BHLITGRACT W3 opuMepa npmseneHHoro B 2.1.2.
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2.2.5. Tyers M 4. y. m. BhllO:HAIOMWee yenosue (P) (cm. 2.2.2.). Ifyers
() BemiecTBenHas QyHKmms, oupenenennas Ha M n BHOOnHA©OMAN cexyio-
A6 TpeRIoIoMKeHHs,

1. Oycrs a, b € M. Horom cymecrnyer d ! (a, b) TaKo#, uro w(y) = v(d)
AnA Beex y = a, y = b. . .

2. Iycrs a, b € M. Totom cymecrsyer m | (a, b) rakoii, aro oy) < v(m)
AAA BCEX ¥ TAKAX, UT0 ¥y < ¢, y < b.

3. Jlna Beex a, b € M u Beex d wan e m, BEINOJHAIIAX COOTBETCTEEHHO
1 mam e 2 neiicrBErensHO

v(a) + v(b) = v(d) - v(m).

4z <y=(z) < v(y).

Horom ¢ynxmas o(a, b) = v(d) — v(m) (d o6mapmaer coftcrroN 1, m cpoit-
CTBOM 2) ABNAeTCH MeTpuKoii na M w M spnsercs MEeTPHIeCKAM IPOCTPAHCTROM.

2.2.6. Teopema 2.2.5. asnaercs crepcrBuem Teopemsl 2.1 v caryuae, wro M
BhinoaseT yenosue (P). Mur ee specs mpusern Tomnxko AL TOTO, ITO6K 06 BAC-
HHTH €HOCO6, KOTOPHIM $opmymHposana cienyomas TeopeMa.

2.3. Hycmy M . y. m. Tycms o » ¥ MHO203Ha U HLIe 6unapHbe onepayuu, Komopue
K kancOvim deym saemenman a,'b € M npucoedunsiom ne nycmete mrosxncecrnea ao b,
a*b3. Hycmy o(z) seupecmeennan Pynryus na M. ITycus u(z) & onepayuu o
* evinoanawm caedywowue npednosorcernus:

1. Onepayuu o * sgasiomen KoMMymamuersnu (m. e. dag ecex a, be M Oeii-
cmeumentno ao b= ho a, a*¥b=b*g).

2. Ecau zea*b, ¥Y€aob, mosdaz < q, z2=Zby=za,y=b.

3 yemv x> a, 2= b. Homoi ) = v(d) Oasecez deao b.

4 Hyemvz<a, z < b. Homon Az)<ov(m) dasecexmea* b,

9 Has scexa,be M u ecex deaob, mea*h Oeticmsumenvro v(a) + v(b) =

= v(d) + v(m).

6. r<y=>v(x)<o(y).

Ymeepudenue: Popuyaa o(a, b) = ud) — v(m) (cdedeca b,me a*b)
onpedeasem seuecmeeriyio FynKyio, Komopas seasimen sempuroina M; M
AEAREMCT, MEMPUNECKUM NP OCIPAHCING OM. :

2.3.1. Teopemy 2.3 Mst 65 Morym (opmyamposars momo6uBIM obpaszoM, rak
2.2.5 mnu sxe 2.1. 3maumr tak: _

Hpednosomenuns: xax b 2.3, moavko b 3 u4 HYHCHO 3AMEHUMb 6bLDA~
wceHue ,,0.49 ecex't supancenuen 1,048 Hekomopozo'* u ¢ 6 sripascenue ;;0a8 scex
deaob, mea* b suipasceruesn 05 ecex d uau e m BBLNOAHSIOWUZL COOINGEM -
CMEEHHO 3 uaw nce 4.

Ymeepmdenue: M ACAALINCI, MEMPUECKUM NP OCTAPAHCINEG O,

? AnrefpamueckuME CHCTEMaMH ¢ TARHME onmepaumaMu 3aMmMaerca paGora [5].
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Heno B ToM, uTo ecnm o6ozmawmm

adb={deaoch:z=a, 2 b= o(z) = v(d)}
a*"b={mea*b:z<a, =S b= v(z) < v(m)},

TO omepammu o’,*’BEUTONHAIOT HPEeINONIOKCHHS reopemsl 2.3 m, smaunt, ua 2.3
BrITeKkaer 2.3.1.

2.3.2. Teopemy 2.3 momno nepepasupoBaTh B TEPMUHN PaGoTH [3]. pen:
uonoenna 1—6 o6osmagaior, uro »»M ecTb ROH$Hrypanus, HanenesHan yHH-
BepcausHoit, (I, X)-reomerpmaeckoi CTPYKTYPOl ¢ HOJIOKHATETLHON Oe HKOH .
Ormomerna I' m X onpenenens caenyomam obpasom: dI{a, b} <= d €aob,
miia, b} <> mea*b,

2.3.3. lorazarensctno treopemu 2.3. Uz 5 caexyer, uto o(d) 1 v(m)
HMEIOT OMHAKOBOE 3HAYeHme aust BeeXd € a-ob(mea* b). Dopmyna p(a, b) =
= v(d) — v(m) onpegmenser Taxmm o6pasom ¢yuxnmo. [Tepas akcroma MeTPHKR
cnenyer ms 2, 3, 4 u 6, sropas u3 1. Ham mosomsuo YKa3aTh, YTO HEPABEHCTRO
TPeYTOJBHEKA JeHCTBATENLHO.

Oycrs a, b € M mobrie snementsi. Boamem di€acb,dyeaoc, dyeboc,
me€a*b myeca*te, meb*c. B cuay 5

v(a) + o(b) = o(dy) + o(m,),
va) + v(c) = v(ds) + v(m,),
(b)) + v(c) = v(ds) + v(m,).

Haxomen, ecnm Bosmenm emie d € My 0 My, M € My ¥ my, TO NOMyIEM

v(my) + v(my) = v(d) + v(m).

B CHYy onpejelieHHs I H—Oo.mmﬂmmmOHO HCHOJIb30BAHUA - 3TUX COOTHOMIZHWIT
caenyer
QAQJ ﬁv + QAP @v - QAQ, @v =
= 2[v(e) + v(m:) — v(my) — v(my)] =
T 2v(e) — v(d) + v(my) — v(m)].

Bemny 2 my < e, m, < c. 3naunr, B cmry 3 v(d) < v(c), mmm xe v(c) — v(d) =
2 0. Tawme B cmny 2 m< Mgy, M= My, My < a, Mg < b, sHaumr m < a,
m=b. B cuny 4 v(m) < v(m,), mim v(m;) —wv(m) = 0. Ho notom o(a, ¢) +
+ ele, &) — o(a, ) = 0 OTKY/Ja HEIOCPeACTBEHHO CIIe/[yeT HepPaBEHCTBO Tpe-
YTOJABHHAKA. , - s

2.4. Haxomen msi mpumsenem ‘HEKOTOpHe caencrus Teopemu 2.3. [Tokaen,
ar0 o6e Teopemst M. Bemago u Teopemst macrosimesi paGoth m3 Hee cienyioT.

2.41. Myers M — CTPYKTYpa, U, N CIPYKTYpEse omepamad. Ecam
IONOKATE a0 b =aub, a*b=anb, 1o ms TeopeMsl 2.3, momyumm
Teopemy [imeenxo (cm. [4], V).
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2.4.2. Nlyers M — ¢unsrpynomanca MyabTHpemeTKa. Ecnmw momomxmrs
aob=avy b a*b=aAb, 1o a3 Teopemr 2.3 — momyunM teopemy 5.4
paborer [1].

2.4.3. lycrs M — punsrpyomasnca MyJIbTApPENIeTHa, BHIOTHAOMAA YCIIOBAA
V1—V3 m3 1.5. Monomuanm

aob={deavyb:z2aq, zzb=>v@)=od)}, a*b=a A b
Torpa merxo ysmpmers, urto m3 2.3 cuexyer 1.5.

2.44. Tlycre M w. y. m., BemommEsiomee Ipeanooxenas Teopemsr 2.2.5.
HMomosxmm .

caob={d:d}(ab); zZa, zZb= )=}
a*b={m:m{(a, b); z<a, z = b= v(z) < v(m)},

(B ¢puinTpytomeiica mynprapemerke @ 0 b — a Vb a*b=aA b).
Jlerxo Bupers, 910 W3 Teopemsr 2.3 caepyer 2.2.5.

2.4.5. Oyers M Gypmer 4. y. M., YBOBIETBOPAIOUIEe TIPEFLONOMKEHAAM TE0-
pemer 2.1. Ionommm .

aob={d:d=za, dz2b;, =z
a*b={m:m=<a, m<bh: zx

a, z2b= v(z)=v(d)
a, zTz=b=vr)< e?&.

A v

Onsate serxo mposeputs, 9to mas 2.3 cnegyer 2.1,
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UNE REMARQUE SUR LES EQbHHHN@HHHHm
EMHWH@QHM

8a fonction réele, déterminde sur M jouissante leg Propriétés suivantes;

V¥ 1. Pour chaque couple a, b € M il Yeaun d€ayp tel que la condition deavyp entrainet,
o(dy) =< w(d).

V 2. Pour chaque d, Jouissant la Propriété V 1 et bour tout m € a\/p on g

@) + v(d) = v(m) + v(dy).

V3 z< Y= v(z) < o(y).
Affirmation: M egt un espace métrique.

M. Benado g Posé encore lg question suivante (dans [21): Est-ce que le multitreillis
satisfait les ood&ﬁoﬂ?%[ﬂw&@dﬂdﬂ&@?%

Dans Ja figure 1 go trouve la schéma, dy multitreillis satisfaisant les conditions V 1y 3

et universelles, ajoutant 3 chaque couple @, b € M log ensembles non videg ¢ o b, a*b. Soit
v(z) la fonction réele déterminde Ppour chaque z ¢ J/. Soient la fonetion v(x) et les Opéra-
tions o, * tgg que leg oos&S.ozm Suivantes sont satisfaites:

1. Les opérations O,* sont commutatives, c’est g, dire pour chaque couple a, be i
A0b=4p*g et a*h=p*gq

2.0nazx SEa, 2 <, Yy=a,y W@wozuormnsoems *aonabmbzm@ma b,

3 Sz > @ x = b, pour chaque d €a Obonag v(z) > v(d).

. @)+ 0(b) = v(m) + v(q),

by v(z) < v(y). )
>R~.Bm9.ozu Par ]a formule’ g(aq, b) = o) — v(in) (d€a o, m €a*b) est déterminde

une fonction réele, satisfaite les axiomes de la métrique,
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